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A, T — AR H BRI ARt dazx I — 4~ JC %,
H I B3] R A

qsu: An—"-“in—ls
R, 3 B pt A,
% e A > d, e A Ay
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ey @1, Bkt 00 € Ay, T 222 B, ba(ow) =tacz, Zo AT
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{# o=, (BN, TR o=9" ptu, HE@OMPAIwcT, &
A~ 2 B AR

iRiE HeoeXd 2 PHIEFLE, B o GHER 2=
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i & R0 N Fo.
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iE oD DYER SO ) AR FLAREE. DL
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IR AR N, 4
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BRYBEE)" FHEEAR, FELEEFONAXEE T
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b) il o) B & M PE R LA LRSI B Y.
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BRAE W AT M — A mod o B BB —EERE (PR
MEE Z, thpgie). XEH TERSIE CNewton 37 p-adio
).

3 BFEZIX], f NEMERE. 4 2€%, n, bC
Z, 4 0<2k<in, f(2)=0(modp"), v,(f @)=k MWHFZLE
fezm L | ‘
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i OB et 2 @y, Hdrz€2Z, H Taylor 43K
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Fy) =F @)+ (@) 1-p"Ha,
H g @ by,
BB, fl@) =", f(o)—v', b€Zy, ccU, XFATEL
B 2
H L P 19 3]

F @) =p*(d+zc) + 9" Fa=0 (mod p"*?),
WRIEE R 2n—2k>n, BJE, X3 AR Taylor £33 0] LA
:M% Filg) =pc (mod p* %), HHRn—k>k, FETAUER

v (f (1)) =k,
EEL1 ¥ FCZ[X,, -, Xnl, = (@) €(&)", n,
FCZ, 7oRME, HRE 1<j<m, Xi#0<2b<n, 3FH

F(@ =0 (medp"), v, (5L (@ )=5.

0 fFFEE@)" FH—-PTEA Y i y=2 (modp" ™),

E LEm=1, B LERSIBRET V=2, MBA LC
z,’ wﬂl}-:-_sﬁ(ﬂj (Iﬂl}dpg_k), ;?E-

F@&®) =0 (modp*), »u,(f'&")) =k,

e+l K a BN VA LRGHE. HABHITTHR X
I E— ) &9, -, S, e, filf
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¥ B—> Cauchy &, MR v RERHRE, WH fy) =0,
3HH y=2 (mod "), AW F m=1, EREE T U,

NF m>L RN, WRREE 2, WIHE A m=1 BIH
R, BRI, ¥ FCL,XR-1TETEENR, CH
METER =G, ¥ Ff e XNzl o e, #H.EEBrik

s IB »

b+z2e=0 (mod p},




MBS T T, WETHIREE =, (mod ™), # F (g
=0, MRS y=aFT @?&j); MILHE v= () FLETER
£y 2% 4,

F1l Z, LU S B modp M{LE B4 BT H TR

HE S 1Ly PRy — DR
(R g BMK LN, g HFRoMERFTL, 2

BRI L 7 @ RRR.)

B n=1, k=0 RTR ST

F2 ek, (XD =2asX.X; hEBBTZ N
WA, ay—au FEELAARK det (@) AT, 4 aCZ, NHE
F@)y=a (mod p) ) 1 AR I T HEF B~ L E .

W ORER L RAVIIEE o TR F B PIA R
modp B A, WA 55— 2 3 auX . T dot (ay) %0 (mod ),
T @ A BTER, T4 — MR %0 (mod p),

F8 =2 &4 f=ZayX, X;REBBTZ MW
B, ay=ap W€l 4wk f(o)=a(mod8) MM

W o FRITH S 1 mod 4 15, WTATH LM o FtiR

— AHIEMR, MR detla) Wi, M5 — R R 1Y,
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2.3. EEHE Dirichlet B

Y B F=3a.e " B Dirichlet 283, HE ¥ a. A
ekl BESFXN T Re() >p(ocBRIBY, IFEHBH f Al
BRI — RS z=p B 2 diedm 3, N AFE
e>-0, {E f F Re(z) >>p—= il &4,

By i i, f 2 WK E f A58 ENEF RS

WM R iRz Blz—p, WIOTTE =0, EHAFE Re(z)
>0 FfE O fy R4S 4o, I 22 | 4%

|z—1| <148 {(e>0)

sl %A, BE Taylor BB PR, H3
#HL fReBiSEEHh

FO@ =S a(—M)%e e GF Ros) >0),
FR R = (P Ma,e,

A R 159 Taylor 2% #umy L5 i,

F@ = B DFPW), |a-1i<ive,
R 2= —e, RINF
F(=o)= 32 Ut a) (o),
B BB
e (~1)2fP(D) = S Mase™™ B E DB KB4, T IE
W E &L
Fl=2) =S an-t(1+2)%ipe

p!
W, BEEFHE A TSN
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Flme) =aw =2 1t reyear

e

=" jP'
~N'ge et S1E) lc&“es"“
H

WHHE R Divichlet L83 T 2= —asilcf, MNTH T
Re(z) > —e ir .

2.4, 28 Dirichlet Z5 &
KRG Ao—logn, X570 BER,
7O = X a/n,
S5 s BARNEREE HEROERETS,
GEL8  HIE a. A, W F X T Rels) >1 4314,
E KA S o > D MR R
GEEO IR SR An o= Dla, K F, M FE X F

Ro(s) >0 i (F— st 0
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et a2y
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TR 6 W8 s SASEH, XMWRIWLMN LEASXER
A FER.

E:
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FREMEER N BT .
§3. Zeta pHEE L i
3.1. Euler 552
EXN2 RS NSCoETIERE, B Y (m, 2 =1
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wt, H flmn) =F(m)f (a).
[#1] Iualer g8 GF — F| §1.2) #ll Ramanujan 3 Y

(BE-tE§4.0)H A F e S,
B REHAFER &
BIEE 4 Dirichlet g ¥ il Fn) /nt 74 F Ro (&) >1 4k

BeE, 3 BETE XA K o A RIS T Mo sl 6 55 e 1
AL Q4+Fp)p™+eHf P ™ ),

Qbab B UERITE P #RnahRZ TR REE.)
R AIIRARAERERT FRE R (WL S,
S NBEYHFHEES, T
N(S) = {n=1{n g8, » WRETHETF ST,
553\ T i EFA

SIIOVEES) §OSELCOV )]

nEN{S}

% S BAcnt, SREAET 3] Fo /!, HE LSRR

lEkn, HFEHESET Z 0/,
5[5 WRFEZLSEEN (LT v e N ¥ EH
Fany =fF)fF(n)), ATH
gf(ﬂ)fn'=£[? 1_fgpjp—a-
HE B ESIHEESER FP™ =F(p)™ HEH.

3.2. Zeta A¥
WRIFEFRRET =1, RA1GBEHE

Lo = S — T —,

n=1 ﬂs p-r 1__

v
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KB TF Re(s) > 1L H &L, WIE reta B
88 10 (a) zeia i{ T W Re(s)> 1 ou-F 44l iy,
I H-0,
(b L (o) ~—2r
BR 3,
iE (ZBHAM X0, BIMED

1 _ . o= I Cy

. —Jiﬁ aﬁ.fznz;ljn 9 i,
M

s n+1
E®=0g+> %—L t‘d:t)
1 = n+l

== 3*1-%% ) (v — £ ) dt,

BES

bas) | —td, g@ = 30,

BT T E ¢ () 7E Be(s) >0 v & W 5 X 3 B2 2 i,
TR B RED & (O F X EYER, Fik D IEFIEW % % .
TE Re (3) >0 gy 45 - B4 Ly EM sk, ®ilg

|Pa(s) . < sup |n~*—i70f,

n=iantl

(ELR B 3 " — £ B 6T /0%, ph TR A3 4850
00 (<AL, HA a—Re(,

M T HA4 e >0, S Zba TE Re(s) = o K IF M B 9%
F 1 zeta FBSAE s—1 B AN

) X T ¥ g U () NREIRER 2, 15|40 | Sa(i=1, 2, )
FHEH E & WO, SRR E.'Mi{ﬂ‘:' s, 1 Y i i (Cnormally guvargent) ,
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3B b SR A 5T,
%2 % s>1nt,
1

Ep“m]gg : i1} E ~~
» 3—1 .

{5 1HEH {8,
W ERIOA

1
log {() = 37 -3

peEP. k=1 ;Fpk‘

1
FLr 'f’(s}ﬂggwf. 2 ¥ o Y

- 1 l s "] 1
e = < -
rEPZI.k:;ﬂ g gf)'(fps“_l) 2154 P{P*l)
q;n%ﬁ s (m—1) 1

B, BMkHES o 2H Fay, LHE 1 ER

log L (8) ~log si—l’

M8 3 & 2,

E OBNER-T, (OWHUTFRRENC LA TAR
¥, HAHEs=1FRE L, BRBRINDEFRITTEX—F
. EH

£ —5 s—Da 0 ()40

Hedik¥, M ERE TR () =£3—3),
W), zota WG¥AESAIEBAL B HE(H.
E(—2n) =0, {{d—2n)=(-1)*B,/2n (n>-0),
HH B, 3% n 4 Bernoulli 3 (BT 84.1),

648 L MY F AU AE BT Re () = b (Riomann 5



), BEENTEZFH S TZEAMNEHELEBRET X

3.3. L A%
HWom=] NS, »y poodm REC(L§1.3), HER L
PR &7 5 Y Diriohlet 28 &
LG, 1) = 3 zlmyn—,

EETERZTFR Py, HEES m TEW » 45 HAET R R,
X BRALIE T TR, AR b 80A Sr il SR R
R 11 X T z=1 RITH
Lis, 1) =F()LE), Hia FE) =il d—p7),

TP alhl, LiGs, DA FF4EES Re(s) >0, FEEHFE s=1 H A
=

IE EEBLAM.

i 12 X T xR L S L(s, ) T Re(s) >0 h
WS, FEELTE Re(s) > 1 SR HER, W F Re(s) >1 Hi1FH

1
Lis, 2 'P{IP 1 I}E) .

iE XT Re(O)>101gHd § 3.1 TRV W 4.
TEEX T Re(s) >0 SRR, BT drloe, HFEEm
% .

Auo= 31 z(n) (<o)
KT, WA E 4 R
Hi_lx(ﬂ) =0,

H=Lu
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B HE o —u<m {5 AN 4.,.. BERAE
| Ay, ot Sp{m),
B BRARE,
ORI r=1 e, LA, 0RFEREER. Dirichlet ERS
B A B AR L(L, 2) #£0, XET—HRNE.

3.4. W FRA—LEmBFFHE L &R
AT ma2]l EEENER., W eotm ROD p3E
ARETEG(m) = (B/ma)” RE&R, T pFEE Gin) BB
Rf(pyFm. BMENL, flp) R#E p/=1(modm) B/
BHE 1, &
g{p) =) /f(p).
BE ()3T p 4 0H T8 (p) 2 W B0 M3,
ZI3EE6 WA ptm, WHESR
INA— 2@} T) = AT/,
H AR IEPLRE G (m) B 2 #4R1E 2.
iE WAoo REURES, BNAHHESX
II Q—w?) =1—Tr®,

HILBLEXN T84 wcW, ¥WH GOl g( 161k 2 ¥
x(p) =w, A 5|3 6,
Lns) =1L s, 12,
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S 13 Cai) =11 i
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XL L4 IE R Z2 %Ry Diriohlet 2 3, 3¢ BL7E B i Re(s) ~>1
e g S :

iF a4t LRERZUERBREBERR, SRIEFAHSI
BT o), RIMNEH L.OPBLERRERHEEFR., HX
TRARXNNEERENEEES EE Z#H, EFE Re(s)>1
wh e G ] R S SR

BIEL1 (8) {n(OFEs=1HBEAH

o) FFESx=1, LA, 1) #0,

HE MR x=18F LA, ) 0, MR LG, DFEs—1H H
WA —RHFH L FEs=1 thFH - FR &, Hit b)=(a).
MAVMFE x=1F LA, 2)=0, Nh#Hl.BFs=14 %
g, HILFE Re(s) >0 941 ¢ AR AR 488 (4 B 11 0 &y &
12), BEFEERAFEFZHM Dirichlet 2 ¥, T XK
BAMWHR @AY, HXRREER, By - BTFE
F

(1 — P—:iif'iﬂmj IR (j_ _[_p—i"{r}‘l_[_ P—lﬂﬂ! 4 - } ﬂ’fﬂ}’
EERE
1 _[_p—i{m)l -+ ,p*—litm)a —+ . .,
Mt Lo BIETRBIXTRE
ﬂ,—ﬂm]:
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3

YAV 28, T e — BB AEs — ) AR, XBRSEER T
.
E TP ERFIET, B8 L BT Hm KB H

2L Ry zota IR, I FE s=1 F IR AU — LMW AT PR
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§4. % pr#g Dirichlet 3278

41. =&
WPAFRHEE RNDEFANGGEI0AFR2), B

s—>1 mfH
2 ~log X

per g—1-

WA NP RTE, ﬁf]wﬁ ASkdy & BB, RIEE sl

RS, Hfg
(pEA v ),f (10,‘%' g—1 )

BT b (B PRBI 0<E<1), % THR RS % oM vy
bR A L T B TR

EE2 B>, FiReima (e, m)—1,

P,={pEP|p=a(medm)},

AR A P A5 B 1/ (m)

(Y b U, FBAE mod m S [E] i 43 4k v 9943 43
7.

# P REREA

R B AR E AT,

¢.2. —25|IR
B 2 B G (m) RUREEE, &
fx(s) =§x(23)/?’;

BB s> 1w,
ST gnR x—1, WY s>1ad
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XREEY f. 5EE S ; FUAH A R T

BB IRy 1, WY s>l f, RN R

iE ORI HES Lis, R, AREEHNEXDTFR
2 BT s (1 S ¥ log S5 IR— F AU R A3

Ls, 1) WA I T osr BPE X, HF Rels) =1,
1

SAEFHERR 72—, Hob el <1, RAEX log
T, G lou L(s, 23 ABH

log L(s, ) =

1

=log 1—x(p)p™* 1

~Z LB (Ro>1),

BB AR, (—AEHHEXE: E Re(s) >1
B log L(s, x) Wi—A Y4337, HEZH LY s>+ooliy, B
RE.)

AN log Li(s, x) PRl 43
log L(s, 2) =f,(s) +F,(s),

Hoa F @)= 3,487

SEE 1 FGr AR 10 B R 2 KB log L(s, 1) P F ()7 s—1 /Y
FREANER, K f. (s aR Rk, X giuEts T 5 A

4.8. =1 2k
FRATY 15 W 95 BE K
#® =2
£ s> 1 Wi EEAR,
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BRI 00 = s D@ A6,

SRAGE I G (m) B BT H 3 1E x.
K F AEMEXARNAN, BHE Sx@7f.6 1

LB
= S @) /P

BE 2@ Dz(p)=x(ap), HHEH4WRBNSE
¢(m), HE e p=1(modm);

Fr@= P =, 700
FRAE BB BB () ga(s) |
HE 2 MARR. BLL, BEMT EAMNT k=1 H

fx(S}NIUg S—:El .
Mg[# 8 FHHAW £ WAHF, FAHSEIBRITER

1 1
Fa(8) ~ B m) log ——

vt e i
SRR Pl B R i, R,

4.4, —4EMH
erE1d Ba B, HEARTIIH MKE

4.3
(;)=1
PF P BT RN B S B BRE 1/2,
i ROTR«EXLFEHETH, & m—=4lal, z. N
§ 1.3 6 B 5 1 52 X NG modm 35 1E, HCG(m) R 1o T
G(m) Pl MBEKp SmEE U P EREE G(m)h

%, WE (2)=TepCH. IMIEER 2, W RKA K
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MERELAFEL/(G:A)=1/2,

e, WHRIE T-a=0XW ¥ FTAHN
pEP ¥9H modyp %, MIEZFE & P RATHE.

FOX T HAMRSHA - By EREASMUER, Wi

1) B @) =aX - ta, RERH 2w REOX, HE
HEQ AN 4Kyl f efoR A Ras (EQ 2R
REMET),. X4 VN=[K:Q], R{I1E N=n, 4

Py={peP|f (mmod p52 428, M f (mod pAYIR I € F,).

L 5] P A %_ (FHEW 75 ¥ &5 Dirichlet 5 iz

o1, AR K By zeta MMIAE s=1 AT AX L. )R
- E = Sy

Pi={peP|f (modp) I ILIE ¥, hELFH IR}
B2 R, MAEKTEM ¢/ N B¥, Ho 1<g<N (BT EMLWE
Br=125),

iy MM, B {fulon o, 20 Y H—BEBREY S W,
o

Q=1{pe Plfa(modp) K b7 (Fp)™ iy S35}

A ELAEBH (A J. Ax, Ann. of Maths., 85, 1967, pp. 161~183),
HRAWE EETAEAY HARATNQETRE SR
A NE,

4.5. AT E

257 s T 5 FE R0 7 el AR AR 9 BET (8X “Dirichlet &
EE™)., BMRTFREE L, 6 E SR A{E.

TR —THEWMAE RAREE”. PHTES A s
HAREEE &, IMH Y oo If H{i
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A g =<n N RA B

Pili<in TETE

ETk

FILLUEEE, AN A H BKRFEE L, M A BIRR 078 B 5
EHASET LA B— N, HIFEEEXMNES, EAmhE
REHEFEMREE., AlinKs

Pl={pec Ple FE+ st #d) a9t 4H R 1}

WA, MESRSEEHAEFEH TR BREE, B—-Jr
I, Bombieri Z38EH T —4 P BN SR A FERIENH (E
25 F 1og1o 2 =0.3010300---)

B, MN-FfLEEFTHFIEMEFERSRETSEE RS

B9: B4 {p€Plp=a(modm)} 47 I #AEE (% (o, m) ~1 K
A -
b = W). MNP L—/TREE P, FyAQ i A H

Feay, TEET (B BRI 4 H) WL K. Prachar: Primzahl-
verveilung, I E§T.
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§1. # B

1.1. =3
% H 5% C f LEFE, B4 (zE€C|Im() >0},

4 8BLa(R) h 8

a b
{(5a)
AT T3RARIE SL, (R fEEE C=CU {cc} 2 k.,
ﬁu%g=(: E)ESLQICR), G, ®iNe

a, b, ¢, dER, ms—bc=1}_

_ az-1-b
g* cz4+d

BB WUER A
_ Im()
(L Tm({gz) = TaFa[T e

X# H 7 SLL(R)AMERTFTHIEHE H, BEESL.R)rhx
—1 0
ﬁ-%1=( o _1) £ H FERBTFHA, FEIREAIAILXE
FERBFRE PRl (B) =8l.(R) {1} GXABNER & & %
I, #5207 LIE B SR H IfEPT B RIAEE) .
B Blq(Z) HE ERMEMEFTAEARR SL(RFE, B
SLa (R) BB 88,
Bl BO=8SlL@)) {1} M{EHEE, &8 SL2)
TE PSL (R &,
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SRR UMM G DS,

1.2. BB E A K
I T—(l Y, sinsr e v R
'& _(1 [}):r - 0 1): i::l’]—* ;"[1 -
i E=]

o= —L, Treztl, §°=1, (ST3°-1,

A—IJTHE, &
D={zc H| |z| =21, 'Re() |<1/2},
THEEST DB G Rk |
{1, T, TS, §T8, 8T, 8, §T, §TS, T8, T-1}
g S A I B Y R

& i

BB DR GEPBTE £ EERARAKE, =
B 177 Hi 5.

EZ¥21 (1) MFEihzcH, g, i gzcD,
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(2) ¥ D AR F 8 A 2 fi 2 R mod G 3% % (con-

gruent) i, MeH Re() = ko SHH 2—2 21 W H |e| =1

HH - —

(8) 4 2CDh, I{(2)—{gCG|ge~=2} B 21 G /& E
FE, M T TREMNERZIARIE T ={1};

=4, B T (2) 2 m 8 4 R B BE.

z=p=c, il IR ST Ll =8,

z=—p=e" % pE} T(2) R TS £ R =,
B (L F (D

F EumEs D->H/QG 2RE b, HHEE DN
BR fhil AL LG,

BE2 NG HSMT AR

SEBIASB2HKEEH S ERSMTE2HEN G2
T, :CH, WITERREWHGEE FCE gz D, XRKiEWAT
AR (D, R

_IIEIE{;H
yuﬂd »

i

@ Im(g)) = 2 &

B 27 ¢ F1 & 4 ¥, AT & o2+ d| AT — S B B B Bcw (e, d)
ABFHREBAS, XRUFE g, i Im(g) /K, BIER
BEH n, B Thge p9EHFE —1/2ML/2 208, AHELS=Trg:
FET D, BRLE, XATIEH | [=1L. WmE|S/| <1, MT
#E-L/2 Bl T In(2), TiEARTIEN, TR
JEH ¢ =Ty Mg R
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B BMEEBSEM1h M3, 4&:cD, W
b
g=(af d)a—tf}, {Bigze D, WERF B (gz, ¢ U (2, 7)),

o
RATE % Im(g2) =Im (), Hilez-td|=<<1, #1 R |e|>2 X
WA A EEN, FRERBET =0, 1 =ZFHEE. MFR
c=0, BHlE d=x1, W g T 5, H¥ Relz)fil Re(g2)
e —1/2f11/2 226, WTTEL#H 6=0 #F H ¢g=1; =&
b= 41, X T —#EE, Re(2) 1 Re(gy ik — K —1/2, —
12 R e=1,M2z+d| <1=d=0,FxdE2=p R —p. X
Fr=p, RITBAHd=0,1; 3 Fz=—pRITE 4=0, -1,
WHEA=04H<<l, Fh =1, X --Jil, ed—bc=1
S O=—1, Wil gr=a—1/2, AU (1) fynd sk s

a=0, [rdE Ro(2) = £, MIBdEc=pR—p, Yz=pHR

f1Ea=0, —1. H=—piMHFa=0, +1. HE 2=p,
d=1#H a—b=1Fi go—a— 119 —a+p, Wi a=0, 1, 4%

For=—p, d=—1 HAELLER. BE, FHFc——1%¢,
b, c, d By AFFSE (et g N TR IS T c=1, X
HERS TG W (2) H1 (3) My E o i,

PTHEIEG =G, 2 9€G, M2 D2 A o R
2=21), 4 2=gt BMNILEELHE, L JCG &
gze D, D PE 20 M g'z= ¢ g2, & mod @ FLEEHY, 36 H. =41
MPHF—AEDZHA BE@MG), A = KER—
B, TR gg=1, oG, Xisel TIEH.

- OABGER S, T/S"=FT)=1>0 RHTHEMN
(presentation), ELEFSEHTHEILEL G 1 S S Ra8 0 7 55
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2. £ B

2.1 EBX

EXNZT mERER RNHAES %*R"/‘J 2R Er ety S
KM, Gt f e E H W HEDIFEFHINT AR

@ F@) = (v dy24p (21D,

5
R — fﬂ(“ )ESLQ(Z).
&

&
t&ky%(j d)?EEGFF'Eﬁlﬁ, RAE
LI (rt ),
2

TERXEE AT IE K
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B

(3) Flgnd(ga)*=f(z)de®,

KRB b8 f2)d" 8 G FARE, BN G2k
JUE ST A ey (WEB 2), IR ST rEfEe
e, TRESH.

sl W SFEH FWH, WEEK RN 2k W5
BEABWRERFREMRZE TEHE N HKMA:
(4) fr+1)=f@),
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HERXRER A FES, BT F F0m ¢ =62 BI§
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B XAEHHEICH F, BREE® ¢ <I(EIEFE LD P ok
., AR FAY FARER SN AR (R, &
{EFE f 1 oo WA (B8, XBREF F AR AFESHH
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= 3 augm,

HApH TS AW 2 (X T n<0), .35 0,

X8 —AFEIEBARETE co bW 4L, MIRIERESH
.

W f7E oo L4, Rff14 fleo)=F(0), XER F1E
oo Sh¥IME .
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AL B 26+ 28 MR,
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2.2 {EENOMANYN

BA1SE B — T ARG RIS IoHEZE B VO FRAgHs. X
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1 TERE VI E;
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A
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A S Wy = A+ by, @b = cowy + dewg,
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g
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) c d

Bz, MB FBREEE, MAAKROADE FHSE W Z
sy F, FORAY 2k M EEr. ik, IATARUEAY 28 nuiE
BR 3 4 ] T 28 B9 R HE R 3.

2.3, EELHHT; Eisenstein 27

B L @7k O R, WS 3 T % o> 2
G S FFRABR T WFEEITH.)
E RN LIRSS B 1/n” PR, RIEAA I

R dady - ]
ZHBU [ [T (B I R 2 © B9 T 81 28

S 0 513 o B 28 B, R TR ARAL BRAR AR B 3 A ALY
B RSN R, WRE L by | R A6
T 0 Bl i1 2 BT R AR O (), B MBI B P RO
BUSHCH: 5 R 3L/ B,

PIES B>1 Bkl WET R C ik, &
(10) Ca(I) =3 1/,
IBEEDM 1, AR AR . B AR G RAT 2k 0 B
e, BRI IR N b (I8 AR B AR R AR 2Ry Hisanstein
WA, RA— W, RIVTTLUD G B AR M B 5idk,

) 1
(1) Ghaaon, w0) =B o

&,

+ 113~



R S Son R R I 4 3R 2 T (0, 0) B Kot
(m, n). J EXTR T G 0 568 (HH R7— 37 7 48t B90) 45 |58
% Gu. BEBEBAR@RFUEDRINE

(12) G (z) =3 1

o (mztm) ™

4 #®A>138E¥ N Eisenstein 253 Gb(2) BN
2k RIS, RATH Gre(ee) =20 (2F), H { & Riemann
zotn PR

iE FHEMEECSEN GR(x) B 2k (BB R. &
IR0 FHIEH] G £b 4k (5 o) 228, #E2C DR §1.2), N

| mz4-n|?=mPzz+ 2mn Re (2) +nP=m® —mnt-nd

= |mp—n|?,

BESmL, my > ]mpiw Bk, XEBHEE Gu(DE
D HIEM M, BHEEAT Gl ), 966, IS4
oD, Gu(x) WERME. PEMEMNERS FGER 1), Hi
Gy #E H tpdetll, B F BIE Gy 45 oo b2 8l (3 LRI T
££ oo {8, X HEEH G £ Tm (2)—> oo B A4k [ R AT,
KRBT  EHEAKBR D b, BT D Pi— B
i, BN RPUEM R, 1/ (e ® 3X-—I0Y4 mw0 B
B 0, m—0 B 1/m", il

lim Gy (2) = 3 R=2§ 1 _2r0em.

nﬂk

1
nﬂ
HEYE.

X ETHE 4.29PRIESH BAE g=" R
Fom A,
(1) SEcH by Kisenstein MR Ga Fi Ge, B

114 -



AR 46, EE (B THE BRI S EL
(13) ga=60Gs,  ga=140G%,

BATAT ga(oe) =1200(4), ge(oo) =2800(6), HH EHAY{H
CORTE) BB TES 4.1), BIATEH

(14) gi(oo) =5 &, ga(o) = %,
MR BAT S
(15) 4=g:— 2743,

A d{eo) =0, XMIEYL, 4B 12 ] eusp T,
EFBaRNXAR
w2 Cayks, b4

I T 1 1
(16) € p{e) e -+ ?2“, ( (B— )7 7

FEX] B ) Weierstrass sf8'®, G M #WIE Cr 1y Laurent
&I A .

a1 (20 =%+ g (2 — 1) Gy (T2,
MELS 2=0p(u), y=Cr{u), MIIHF
(18) yt = dw® — gox — g,

HHP g2 =080Ga (L), ga=140G (I R, d=¢ — 2753 &5
H I3 42’ — ger — g FIABIX R FE—-MHEEF.

A AR, FESETEFTH AR FTE L= ks
B TREIWME O/, #54, ERAEFRBR, ke
A 4+0,

(&1 470/ B Cartun, # ST ERL S TRETE R OWEDC. 8 V a
§2, n°5, (T4 Addison-Wesley 24 H], )

s 115



§3. BEAFNM

3.1. BERENFLIHLE

AR H PR ESTEFHREHEY, W B H h—,
/" Ep e EARATNER AR FEND
A9 B, 188 v ().

R F RBh 28 w81 R, 15 552N

@ = (e dy—y ((EL

RN g€ G B, v(f) =vee(F).  #AiHN, vp () H KR
F ot F/G i, Mk, RIVE X oa(HH 5 £ A2
WS RS 2.7 ¢—0 Wb,

R, RATY & SR p WHET BB % MR
pmod & YT 2 B p, W 6 53 FHEF 2588, HFMAH e—1,
RaEF1,

FEHS YR 2k WA R B R A, 1)

(19) o)+ 3wy (f) =k

E 7 p

CRATTIE 7Y B RA 2 T R
20)  vulN tFuD+g 0N+ T wiH= L

Hphf5 5 20 B RAER H/GPFB T4 fie 2 2t e %K
A AR S N ]

i BEENEEESFFEMMSBETRELW, B F
mod G HFH BAFHSHE. H2h, BN 7F Tay, A
HEr>0,  FHEOS g <r HERFREXEERS, &=
ARFEIME > hERHREAXBHERE, BE 2R
WDPHASK Im@D <™ HEX WS D, ZEHR B

r 1188 -

N oarkk s LAV oA C I TR L d g mAe A = = '



W I i, B Dy A DU A B AT RN, 3
S FR A B35 B
% T VEW B0 3, SRAVETE D R AR B —} 4.

D BIEDWHDRLVIEERT 4, o 1 —p 2B HFF
REBA, WEEFENE 2 FANEE % RATES 2
AT ¢ Bl p T AT — MUK S, HEREE
BEMA

E:rﬂ.- {i}f E‘ ‘”p(f)

55— I T
v) BB -t B FA BB LA ¢=0 ByE

w (RATHITE), AT T 0 2Rt F IEMER

Efp. TR

Lar. L1 ##w%ﬂ

2wile f 2wt ) f
b) T BB WUUR LGRS R o O B,
HME N —o0, (). 3% ik [ 4 - 2
R IAT O, Mifs BB @ T
2 -
B TR 4' !
ﬁjﬁ;? ]‘B (.iff_%_" 'Up{\f}

T2yl CO" H DD gy
BET 0§,

1 df 1
QméJG F gl

a117 =



1 (Pdf 1
QWfa.[;J T E .

o) T Mk AB A RIS ED'. #F (T2 =F(2), R
3

1 (% df I (B df
2ot Ja f + 23!:’@.[1:! ¥ =0.
d) S¥I BOCER DO, BT F(82) ~2F (2), BAl
(s
dFf (8% _ dz | df(z)
FSD e T e

FRYEIW BB, CC" i DI 218 T 0 6,

l_hJ*[" af , 1 bdf 1 l":" afizy df(Sz})
2ot Je f 2ot Jor F 2ard ) N F(2) F(82)

L) w (- h)-

2o Vw 6"
e S FRNAMN 5| L wmirmat, %)
A%, bk B2 SE R R A K (20),
PP 2) M fAE ¥ B
2
+TH {*Z| Re(z) = -1/2,

Im{z) = %}

EEFAEE B A A, 1
U EETE A Fil Ta 22
&1 458 3 R T AR fr. (g 3
BirR, LT 208 W7
H" 3 BAZHWE T 2 Ha

L
I o

e}
4

t
]
-

|
B3|+
n| -

«118 -



WA RY), #RJE T3 sy By Bl a7,

WA f R D REGR LA ILAF A e A, W) ROAZEM
T 3 4R,

i OWMBEYE H/G MR FEN —ABEmrsksy, W
LUEE 52 XA H e B Ay DEHE (B don i, B2 e ik 31 BE,  Lecture
Notes on Math., n”21, IT),

3.2. R
GnER b R Ec B, FRAILL My 0 MY SRR A 28 MRS
() G-y B 2= I ML 2% cusp KM C-RSHE, WE2.1F X
4, RIEEN, MR M, FERER fo flco) i, HiL dim
My/ME<1, BL¥ME #2232, Eisenstein ¥ Gy & My T E,
B Ge(oo) #0(, § 2.8 Al 43, MTH
Mp=2MD0-G (k22 K).
FIEIEANNISE G L AR MR gf 2745, H
7z = 60G,, ga— 140, _
EHE () B E<O0FMb=1w}, Mp=0,
(1) 2 %5=0, 2, 8, 4, 5uf, M} E—HnEsnm, Hi
SR, G, Gy, Gy, Gy, T M1=0,
(i) FRLLA RIS My ) ML IR #H,
uE R M, HEEITE. AR

i 1
@0) o)+ ul g oD+ B (N =k
BIZE T =0, B #=0, i FL T 1/6 RAETHR
ﬂ-"[—'ﬂl",ﬂ"rg"[—ﬂ”,/3, ", *r.-:,"J ﬂ”;,-?-'D,

T B==1, XERHERH T (i),
PET AN QO L f=Gh, =2, RIIKF2/6 5K

- 119 .



atn' 240" /BHIELN, n 0, n=0, X B R a=a'=0,
=1 XHEH v.(G:) =1 T Y p+* p(mod &) B v,(Ga) =10,
BIRERA T G B RE 2(Gs) =1 THFEE R E v, (Ga) =0, X
HELIEMT AFE T ANO0, IWITARERF, BT AR
Fr12 T v (D=1, HAR2OH W v.( =1, 3t EY pkoo
B os (A =0, WAEFR, A H FLEREZRSE, THEcFH—
AR WIRFCMIEHS g=F/4, B8R ¢ BB 2k~

12, T4 B 25k
v (), AR p oo,

o0 =on () —on = T T
KRB p3H (=0, Wik € My o, IXHUEH T (1ii),

BJa, W k<b, N &A—6<C0, b (1) F Qi) Py M2=0,
HEFEH dim My<<l, BT 1, G, (s, G4, Gs 55 M,,
M, Mq, M. M, FEETE, BIE dim Me=10FF b=
0, 2, 8, 4, B), XEEH T (D).

®=1 BRNE

[.-g_} WE F==1(mod 8), =0,
(21)  dim M=
[%]_u, H1R b1 (mod 8), k=0,

GXH (@) 7R o BB, MR n<o BB )

E ARNQCLX T 0<<hk<6 EIETG, Wik, U b iy
A &+6 BT, FIXA G 1R GiD), X A XX TEA 20
HyIEws,

R2 BEABE GG 2x+38=5%, o B=0 R} MR
5] My F—2H 3,

HE EATEHEER X A g M. 24 A<<8 I}, X

=120 =



B OF D) EBARM, W k>4, REIX F Ogy. Wk
BERXT (v, OME 2y -+ 80~k (R A= 2 EROIRBAY), B
R, = GIGY AE <o AR WE, WF FE Mo, WAL AEC,
F—Ag Ncusp 2, T REXT I ACM e MG, RE
T A F H R aNR ERET

BITEEN NI R AR LW, BRR, 7%
GI/G3 W R — T ARE RRCEOTR, AT ELRE
W, HEXRERTHE, AN GEPNE, WMEE AN
=z,

OB M= 3 My Rk (araded) (REL, IR M i

B 4 2:CLY, Vi>M Z2RHZE, TH X MY 45 3BE
G:fl Ga. WIR 2 LIS il e R, TR LI
M % TR IMAMNE CG., G4,

3.3. ERLTR

R4
(22 F=1728¢3/4,

B b (a) BE%G 7 AL O 83

(b) 7 H ol If HAE oo H A,

(o) BIHWHM s EXT H/GHEC F—4 4.

HE Al AN 12 TIERG),. AT 48 H
EAEET OWAE oo FHREE, HE ¢ 78 oo % 0 B Al {831
by, X TiERH (o), RATLMIERINE A C 0, MBTER

fr=1728g% — 7d
AME— TR (mod &), HAR @) BT Ff=Ff.f k=610
ARSI — 5L N B/6 =1 FHHER at+a'/2+a" /38, u, o,
w20, PHER

« 12! -



(m, o, Y =(1, 0, 0), (0, 2, OYHKEO, 0, 3,
XRIEH T F 7 H/G L IUEE— T A

GH6 WFEH LWLEN, MNFA RS
#r,

(1) F R0 MR

(i) f A ASUHY R0 T A BT 2 2. 1

(i) f B § #77 B 0 3

i BAE @)=G)=0. BERNES O= G,
B f RN R, O ERR F MR § A S i, R
Wi f R H A Bk 478 oo R E, AT EBE n>0,
{ g=affE o e, HE g EN 120 BER, BigE
B4R 2, AV BOKE S - - G268 (2a+ 88=6n) fU4%
FEAL G, RN, RATEILIE ¢~GIGS, B F—G5Q/ 4. d
B 2a+38—6n KW p—o/3 W g—8/2 WAV, TR

f — Ggpggqf P cad .
BATET 245 1) BBV 45 SR HE I G2/ 4 i G3/4 R § U075 0 R B, T
B BAR Y.

D WmERR, f H/GmERhk H/G FaLEE
BRI L — N EIHTRICLE . FRAES R § X
HH /G 9] Riemann FRE Sa—CU {oo} 2 LI EH. Tifr o
6 Jih— W U EE S, B S b I T G0 5 et A oA T R 8

2) FM 1728—2°-37 [T N T § 75 oo AL EIER
%1, BHRWHD, §4 PNEEIBEI LY,

@) @ ==+Tsr Seme  GEH, g=a),
B e(1) =~ 22.35. 1823 — 195, 884,
¢(2) —21.5-2009 =21, 498, 760,

« T23



c(n) ¥ ZL8E, FFAENEFESEBME AERSY
n=0 (mod 2%) =>c(n) =0 (mod 25+8)
n=0 (mod 3*) =>c(n) =0 (mod 32¢+3},
n=0 (mod 8*)=c{n) =0 (mod B**1},
n=0 (mnmod T =>¢(n) =0 (mod 7*),
n={ (mod 119 =ec(n) =0 (mod 11%},

§4. FEoiBEF
4.1. Bernoulli & B,
By B TH ) B4R B R A e L,

(24) R D G S W il
et —1 2 e T2k "
=
8 L 2 3 4 h G 7 8 a 10
sl ila|r|2]|s | se1 | 7| aerr 43867 | 283 x 617
™ [} 30 | 42 | 80 | o6 2730 G alo ToSs 230
T 11 12 13 i4
bz 11 =131 598 | 1032204797 13> 657951 T » 9549 = 362903
" 1258 2730 6 &70

(1] =F=HEvm a, O, L, Atlkin 0 J. N. L'Brion, ltane. Amer.
AMath, Boce., 126, 1967, PLE Atkin 7 “Computers in mathematical
research™ (North Helland, 1%68) fh gy ¥,

(#8281 f—sesrgk FiIERTRI A3 Pernoulli # 6, H T EX,
z -
= Bk,
F by=1, b= —1,/2, bapyy=0(F>10), T bu={—-1)%1B,, =
TR 5 el 4 IR BT 2 R Leopoldt #F Bernoulll e {efE )™ o Bt 8, A
T b HEaiEs,




By #5'8 Riemann zeta BB 7EIE BRI abm{E (F14£
TR HALRI D,
EET BRI RN, 0

k-1

(25) ": (25’) EWBEW’#.
E FE By 80 LA PR o= 26z 3045 3){E F
_ - 2k, 2K
(26) zotg zzi—%mm%.
%_'.Tfm_f: :fﬁ
@7) il
R T #eid i, 453
@28) segr-i42 3ot 12 % St
A 448 (28) i (28), B 48 (25) 5%,
[41]
(@D -5 IO =gmaxs O - gges
L(8) = £ (10) = m

2w DhExT’ PubxTx11’

691 .12
12y =
£z B RBExTI w1113’

B Drls
L4 = BXBIX Tl 18"

4.2. BB G, HERER
MAELRH Eisenstein %231 Gh(x) 22T ¢=2"2 i) Taylor
RITR,. BN BA AT,

=124 «



(20 7 ot “r"=-—1 “( )_
-, & v g"' ! 1 - ‘|—'TTI"L o —irrl

-~y mERAE

o . Y o COSIZ . gt i
(30 st ctg oz = Sim e f.}f P
- 2 ; :
—  — - @—2 -'E. H*
(o 1—{} o1 3 e/ ,églg
e Ei— T B 45
1 - i =
31 — — - = ori — 2mé "
8L +m.2=|1 z—l—m-{ 2wl i :%J.'Iq

K (BT B R i, ISR B T A AR CETE 4> 2 I B XD

1 1 E w Y
B2 2 T = 1)1( 2t) 2

PTELL ow(n) R » RIS FIEE T8 & IRFEZH %:d“‘
GHRE XMNTEAREAIS2, REA

: (2 )

iE R
Gty = 1

cmotra(o,0) (- 3

— 2 () +2 > > 1

=1 oz (agA-m) o

BEF L ne U3 2 B (82) 3K, 43 41

G (z) =20 (2k) + 2((2; g’;‘? :“’ g ?‘;I dFe—1g

W W T A
= 2£ (21%) -+ % f;’._:.; Lt (-ﬂ‘.} q“'

OO =20Ck E(z), FHp

« 1208 .



(34) He(z) =1+ Egﬂk—l(ﬂ}q"-
[111]
(35) yr={—1)* ;ﬁ .

W BT B =62 /20(28), BRFE BDK, HPR
B v FAAEE T HHEL

_ @ad® 1 @=L (2k)]
YT g 1)1 L 02h) CE—1)] 2% 1 Bgn%
. 4k
= (“'1) E‘.

[#1]
Fa= 1+ 240 gm (g",  ga= (2m)* uzﬁ% E.,

Ea—1-504 Bloumg, 9o (2m)° gomr B
E,=1+ 480 ila.,.(n)g«-,
Hy=1-—264 ilan(m'-

(65020 =2 % 3IxBxTx13),

H;=1-24 gﬁm(ﬂ)g".

E ORIAES 3.2 PEBNE, |8 MM 10 sy 2

6] By 2 B AT 1, T
C‘BB) Eé == Ed, EREE = Ea.

EHEHTIESK

« 128 «




m—1

o:(n) =0caln) 1120 > g.{mdoz{n—m}.

m=1
=1

1loy (n) — 21as(n) — 100, (n) + 5040 gla'g {mYos{n—m),
B — L, B B B B R A N B R By 7Y 2 M

2.3. EREXRENGET
o

(37) F@ =~ Fag (g=e
R 25 (5> 2) BTEA, RATX FHK an 10 B BRI,
HEO MR F=G. M a BN o= ERUILL,

FEHTHE A4, B>0, {58
(38) ApP*ieg | g, | << Ba®t,

W W SUEH] T AFEIEN A, R
n={ — 1) *Aoay 3 (n),
TR |Gal = Aom 1 (n) > An™ 7 FH—J5 T,

|aa! =A§d2%‘1 QA§#=A§(23—1)::+W.

2 5(Hecke) MR F A 2k By ousp A, K
(39 @, — O ().
(Berim, M nsoo BERT %L sers R
B S ousp A, RATH ao=0, N F HIEFFR (3D
(40) £G) | —0(g) =0 (=2,
o y=Tm(z).
& p@ =@ v AR DA X ¢ EH/UG 2T

« 12T =




AR, Wsh, SERARIED EEsl, WA @) F
y-roo B G AET O, Bt ¢ LE RN, BIFEE I M #H
15
(41} I fy <=My ™* &eH),

My it o 420 ) L 2 B 4k, A o= 7070 ¥ i)
HGAE O B R Oy, HERETA K,

&, 7= Qi-f, L} F& g™ Tdg = I:f (@ A-2arY el

Goud BANS M #0 Fourier F BRI 250D
FIR 2 (41, 77 L fh A 3

|Q“] %My_kﬂﬂﬂ“y‘
AT TERA N y=0 FREXH, By=
| Ga | €™ M n¥,

3=

BT GRS T 5 A

F RS A ousp B, W @, MIPHSE Pt

i RNV F BRI AGsth, A£0, A Y% cusp B, MR
SRR AR R O A B HIES, B3 n® 5 ot A1 iy o
LS W B A

EORED NS R WL, RITA

=0 * ) (HER 5 0).
(A A. Selburg, Proo. Symp. Puare Maths, VIT1, Amer. Math,
Soo., 1865, ) MM E WRZ L b~ L+ GHER £>0),
K .
@y==0 " V234 (n)),

Hp oo (n) o E TR, HAITE S 5.6 P3E B E 34
L e,

«~ T28 »



¢4 4845 FF

R
(42} A= g3—27¢2 = (212278372 (5 -- F3)
— (212 (g — 2l 123205 — JAT2y )
B 8 (Jacobhi)

A= 2o T (1—g")™,

A= 42 5%FF I B P 3 7 B VE I T 3% B 48, Pl T A 97 9%
BEFRAVE AT, BT UL Y R RR A S —AE],
TR I, EHR A KM, B A Hurwlis,
Math., Weorke, Bd. 1, pp. B78~b9b.]

E 4
(43) F(z) =g [T (1—¢m™.

S8 TALE F A ARk e, REE TR F oA 12 p e,
Hi b, FRyRAXREIY 0, W F I cusp Zd, BL5b
HATAGE (R R 4), 1280 ousp R H] MR 1, H
§2.1 awiE 1, A1 H TEERT

(44) F{—>)-2F @,
S, 387K T AR R B
G =R e, GO =B
) =B Y Ty
MG = T e

129



FEPWTF GG, 5 Z R M, W)ig—H
(m, n) % (0, 0), m, nE L
Mt F Ha fl H, T 25 (m, n) id—4 (m, »)+ (0, 0) A
(1, 0). (EERAKFL)
¥ Ha Al H ASWEHE, BAEAR

1 _ 1 _ 1
{m—1+rm)(m+nzy m—1l4+az m+tnz”
A EBUE NI WAL, T FL
}?122, H=2—2m’ﬂﬁ2_
BET, 38 WA
1 o 1
(m—1-+nz) (m-|Fnz) (e +mn2)®
1

- (e +nz) 2 (e —1 +mz)
I E G B wy LU o SRS, X G- H =G~ H, M
MR B G Gy W GF T B RBRAKF), 3B

G:1() G @) = Hae) — H () = 222
B4 Gu(—1/2) =G @), T

(45) Ga( —1/2) = 26 (7) — 2aiz.
57T, AU TR 8 M— A A
(46) Cu () = T — 8m* Do,
PURE 13 1 (43) RE LAV B B . T MO0 BB B
dfr _d S nm
47 - q‘i’ (1—24 3 ag

= {—2?‘ (1—‘ 24 gﬂi(ﬂ)qﬂ ).

« 180 -



b5 (46) ik &, 11453 59

(48) -*E;.—' = -W— Gi ":Z) a!z_
bh 3¢ (45) 11 (48) sk, |97
dF (—1/2) _ 66 n , -, ~dz
(49) T e 1/2)—3
-6 dﬁ 2} —2aréz)
e
_ dF
. +12~—

TREABE F(—1/08 F ) ARSI, A
FE—THmE L FHiE
F(—1/2)=kPF{z) fFEAz2cH).

Xt T z=4, WYIH =1, ~1/z=2, i F& 0. XEW
k=1, MREIEH T (44) =K, EEe,

¥ #F O. L. Sisgel, Gesamm. Abh., III, n°82 = AT X
EI’E@"IH HIL AW S — ST, B < Pt e,

11, § 6.

42.56. Ramanujan &HE
L 7 (n) F o ousp B F (2) = (Bor) A(z) M58 n» M EH,
TRA

(50) 2 ve =g I1 2 -am™,
B ¥r ni—> v (n) W 4E Ramanujan g %,
o h AT

{@F] -FEWEY D. H. Tehmer, Ramanujan’s function +v(n), IDuke Math.
d., 10, 1943, 1% ¥ B n<l300 fu 38 v(n) {4,

131



| | !
7 ; | | o ‘ 3 | 4 f b , B | 7
| | I I e
T Ty T e - |
S H : s ‘ ahe [ — 475 487N — B4 ‘ — 744
n :1 ] |i g 10} | 1l l iz
I— ] '
‘ ELAR0 % — 113643 — [ 15980 hadE 12 — AT
= () A IR
B1) T{n) =0(x"),
AAE N AAYPLA 12, E 4.3 TR D,
(52) T(nm) =v(n)v(m) (WHRR, m) =1),
(B3) (") =w{(p)r(p") —pv (p* ),

p REH, n>1 (HETHEEDL.D),
2 &3, (52) fii (83) £ Ramanujan F¥4E AT B4ty Mordell
TR, RAIB U EEAR L, Dirichlet 4835

L, (s) = L T(n) /m*
H T AR Xuler B3,

®4) L) =TI 5— =P
% Heoke R (I § 5.4), e ¥ L, of LAREHELE P
LR R B, 3F B e
(200) "L (8) L, (8)
A sl > 12 —s T HEATER,
(0} %F T mod 212, 3%, B3, 7. 23, 691 & KA B M-S
FoF, BUEF ey 3RS B (RIEER).

=132«

- Srm (L§6.9),




2545 T{n: —nrias . (n) (mod 3%},
{56) {1 =no;(n) (med T),
{57 T{n = () (nod 6891}

e F B~ T AN E T “adic K7 WIFHE, WL De-
lange-Pisot-Poitou #+f i B 1967 /1968, 28 14 i#; Bourbaki b}
HTE 1968,/1969 %5 366 J: U 1971,/1972 45 416 3.

Fe FR B ARG AR 8 e 1Y [7) 2L,

a) (Bamanujan FE KL § 5.6 REN-THAFiL o1y
Fi o v(p) | <2ptrap™®

b) (Lehmer) Z-Ex) G- n M v(n) #£07

§5. Hecke B

8.1 TmtymEs

i W ER— A, S XeJtra E AR
Abol Bf. E I f)—A~ (B2 # 2 %its) %t 2 (correspondence)
i Xz Mg BZPHHRIEBET. HTHET, ARG GAEHE
T 102 2T E « BBUE,
(A3) T (x) = n‘?’%‘ nya)y, n,(e)ED,

HEX ILFREER y, n(z) =0,

wFEE PREERE, EWRZ- Ry AR X
EHIRS, e F, FERI T HESRERE F-IE DT -
HIFR ), XARFOL TF, KRR OGS Wit HII4
(09) TF(z)=FTz))= 2 (@) Fy) .

HTTw BWAECLEH2EEINRAOEA

(") 3% P. Deligne FriFiH, W: P. Deligne, La conjecture de
Wal, I, Publ. L. H. B, 8. 43 (1974), 273~3507, P

*» 133~



§2.2). &=L AH%. RITU TR Z L — 41
b, B — AR I BT SR w TR 2 G A
X ). FREMNF

(60) T = 3 I HTFIED.

AR ERM. Bk, AN D el R
B ET F/nl —(Z/mZ) ¥ n iy TRER-T8, WRry
EH BAXITHETFa+tl (Mg EFEER PE L
)

WITEEA— T HLUET B.GACC), B8 XK

(61) R =2 (e,
— AR AR T () Fl BHRE Abel B X o # H R 35,
B OH D0 A R R S,
G RE 10 » R T(n) M1 B, H i FitE %=,
(62) R, =R, (4, pcC",
(63) RIT(n)=T(n)R, {n=l A&0,
(64 T(m)T () =T (mn) (MHF(m, n) =1),
(65) T (DT (p) =T (") +pT (p" ™) R,

(9 HFEH, n>1).

E AR (82) F1(63) £ B 40,

AR GOEHTFFEN BB B (m, n) =1, m, n3=1,
&I Rk U TR ma 85T, R T 90— — A~
T U B IO, 321 Ty =n, (I':I"y=m, XI
WHTR TR L/ BB mn, 0 M— M5 R — A~ m
B B —1 m [ BEAK B i (Bezout 55,

HTHE W 65), & 7 E—A %, I T @Y (pT,
T (P DL F T (2 By #72 T oh sy g7 i — Lo i
« 134«

1 RAG ) Rl L aH anrn o e — - -




B (R IR =D, LIV RN — 14,
HEEHAE LB =T EKELESARNPRRE S H A e, 6 Al
c. MATBIEW a~d+pe, WE L a=1+po, BN b BRE
¥ 1,

AT H R I

D " AfuEfE pl ., W e=0, e HELEEH
IMci'aell, (5Di'My=p s I 4%, XE—fHas
ol FEL/pl v, "PRBAERE Y, BEETHE I ML,
TS EWH Ao (ATHREEME e, BRI/ ol F S SN
. TRAF 4TI, XfHhae=1, HRH a=1+pe FIE
BE Y.

ity L'cpl’, RK{IHF =1, {7 T BiEEN p BB
I ¥4 plf, W EE L', XHW e=p+1, BIAK
@=1-+pc H1IE 5, _

21 T @>10ET(0)f R, 45 TR,

W X w38, |4 (6) By,

72 HERAM{T(piphEH) SRR E ¥R
., 2R TH).

WE H A 10 IR 1 Rpay HE,

T (n) B 28 0953 L eh4E M

WF RN 2 R EH (WE2.2), HEY
(66) RF—AF (f—4 ACCY),
B n hEHRH. ARG EH

B.ADF) =T(n) (RF)=2"M"(n)F,

BAIG S, T F § R 26, AR GHF63) 51,
67 TTmF=Tm)F (IR, =) =1),



68) T(pT(EYF=T(p"")F 1 p 5T () F
(p#E, n=1),

5.2. —FXxTHEMIIE

B I 2 H {on, o 04, n 78885, TR HEES
o L 09 e iR RO » T A

513122 &

=1 a)

b
mE o— (G )GSH, BL L7, Iy

a0 d AR, ad=—n, a=1, U%bf;d},

0 d
e = @y -} b, wh =ddan
W zZ5i. Mt oL 28, 8 '(n) Z EH——BR
Bt Hd "(n) R D PIEEN » B T8 SRR NES.
E WA det(o)=n, WNITl.Ci'(n), Rz, SI7C
I{n), FAIEL
Y =T/ /(I"+Zwy), Y o=/ (I N &) .
AT FR o T o RIMAERMERE. RENME
Sk aeFld HFAHIESH
O0—=Y 1/ IM—>¥Y 1—0,
WMTH ad=mn, MP ch=dos, W ebrCi” H—J7W, FFE
wh €I, {H18
i =aowy (mod Zws)
BR ot Fwr R I 9—4HE:, dish, IATRTELE o) TR
yj 752 ¥
Wi =aw,+buy, (bELZ),
JOh b JE ruod d ME—PLERY, MR I E K IEOO-1d,

+ 136 »




XA -t sE T b, MATIME PR T of,  FRBAIA YA
e ) 858 — % o (I ES.., BEERMG o1,
7 e (Y R LA, XEREERH T 518,

0
[#] o4k p JE3E%, S; P HEHF (fj 1) oo
1 &
*’;‘*%Efﬁfrs'(ﬂ 1:0) (O<o<py,

53 Tn) EHEMBLEHNESR

Ve ks, FEMZVHEHEES, RE2.1, FiFE
§2.2 M EEFRA, FRNRET X TR 2B F, iR
(69; F (L (w1, w2)) =z (wg/ws),

BINEXT RS X ERE T (o) FHE S H
FRFRBHRMERY L e T E AR BE ).
B o
(70) T(n)f(z2) =0T () F(L(z, 13},
KEHSIH2,

(71) T{(n) f(2) =a®* . E d—*F ( EE-‘S(;F & )i
s e : !

GE Il R T f RN MEERY. R SFEL
Eaai, W T f ik H Fasg HAF
{72) T()T ) f=T(mn)f (M (m, n) =1},
(78) Ty (PO f =T () f +p* T (" Df

(p RE, n=l),

iE ARODEAT ) FEH LEELW, MNTONYH
PR, oA, MR F R, MT0Ff dEeai, ZE
2 0 (n) f R E P E B o EARVA S (T2 M (T8) |
) P AT (87) F (68D #iEHy,

« 137 »



75 oo AEMR, BB, WA oo AWM, @
74 F& = S e(mygn

HE =

RERT ¢g=¢"" 1) Laurent BRI,
ER 12 MHE T (m)f EHEEH. WINAT

(75) A OVIOEDIPLCOT L
$rp
(76) ym) = B atto(Ip),

iE e LRMNF
T ("-"'b)_f (ﬂ) _— ﬂﬂli—l 2 . d-—.‘dk ﬂ(m) eﬂxiﬂl{d#+b'};“d‘.

ad=n,a= 5
Osb<d

1 /ia E pRwibmd {

BH S m/d=m', EF
T(’m}f{ﬁ) =,":Ir.—1 2 d—=k+1c (m:d:) qam"

Za=n
=1, m'cZ

K g I T GBS 7 — S, (A B
rmi@-Fe 2 () ().

=T, md=n

d, MR d|m,
0, &,

A ffE oo 4hWaHl, MMHFAEEH V=0, fBY m<—N
o oGy ~0. BB F u<—nl, W o(£L) -0, 5xiE W

T{n)f 46 co R W ol W AERFBERE, A E L B F
. MLERHERITE S H AR (T6)

Bl y0)=ocn.aln)el0), yd)=clm),

2 WFn-pREH N



c(pm), I m=£=0(mod p),
v = L@}m} 1210 (), IR m=0(modp).
23 R FREIENERE cusp A, 0 T (n)f R IR,
pE R E R R T AT
TE, TWOER®ES 3.2 (2R M, f1 M7 -, EMR
17 L BrE R, XSS - b v 224, JF R R LU A
FHa
{72) T(n)T (n) =T (mn) (NI (m, n) =1),
(78) T(p)T(p") =T (") + " (p»1)
(p F¥, n=1),

b.4. Tn)MHEERY
B F@ = 2jema” BAT 2k(>0) IS T T 8 #

=

R RIMBRE F RFEAT () WIS, MFEEESA ),
48
(77) Tf=r)f FFTHEHA =L,
BT ) f g EFE ()40,
b) MR F g 4F o(1) =1 FRukk,
(78) e(m) =2(n) CHBA nz=1),

B MEI2HRAIRE TS b ¢ BIRRER c(r), B
—HEHECDEREA@e(D), FEc@ =ame(d), iy
Fo(l) =0, WEH e(n) (b>0) KT, W F HHH, XL
ABNEER., TRIEET adfi1b),

Bl P 2000>0) WEERMBS R FE T &
AAC o B, IR AR — 28 A (), T H SRR T &Y,
AETL RS,

« 130~



ME A5 &) I WA R Bz S
2 {EFEHT, DMRULT,
(79) clmyc(n) =o(mn) (U (m, o) =1)
(80) c(Prel g —o(@*D) -+ p* (g
i Bk, AR A —c() WRS T () i (72) M
(78) 4 17 A 5 25K,
Sy (79) F (80) T LA T 77 2% M4 Mo i 124 s 4
(81) By (s) = Se(n) /n®

S e(n) 5 LA Dirichlet 20 % HINEM S W R, X TR
T Red(s) =2& s % e &y,
23 BM1AT

N 1

(82) @f (‘b) _ }EIP l_c‘:P}P—s _J_-rpzﬁ;—-i-—ﬂa +

WE BT RIF E ni>o(n) BRI H 81
3§ 8.1 510 4 TH &) REH S o(p)p ™ 2B, 4 p*
=T, BRATIR45 5 Z4F I {E 4 54

T" o) N 1
(83) H_%I)G(P)T *W:
Ho @ (I =1—e(p)T+p* 1T {ER
f (T = ( g} e(p T (1 —c(p)T+p™* T2,

b T HREE c(p)--e(p) =0, Y21, T HE
FeAh Hr (800 K
c(p" )y —e(p)e(p") +p* Te(p ) =0,
DL 2 E o HE R (1) =1, XA T (832,
1) Bk, A5 (81) f1(82) HEH A (T FI (B0,

» 140 v




2y Hecke EEH T @, il Bl AT 23 MR- 2 1R ) W
Bl (AN F B cusp BY, EEFB W BT EARE Y E
Ty di b ), 3 HL R ¥

(84) X y(5) = (2w L (5, L4 ()
EAATE S
(£5) X;(s) =(—1)*X {2k —3),

WEAHE ] Mellin A8 #1474 5K
S R A R A COP

Pl R 26K f(—1/2) =2%f(z), Hecke LT Hu. —4
Dirichlet B %¢ @ W1 A X P20 A6 B0y #E o+ B £ 3
M0 TE PR AT e e B BB, W @ SRR A — - AR 24
BIEUTESS f PRI, WA F B T () fybrdE k4=t rd Bop
FEBEAFR @ K E2DILA [ Baler FF, N E. Hecke |y
YroE R4 n®88 1 A, Weil, Math., Anmalen, 168(1967),

5.6, —HF

a) Eisenstein = ¥ #=2 o HEHr,

€95 18 Hisenstein #43¥ G £ G T () 044 & ¥,
R AR R a1 (n), TR HE4L AE 0 B2 |

86)  (~DFTE Fy= (—DF 2E+ Som 1 @m)en,

3} 5 B Dirichlet g% G L(s—2k+ 1),

I ORMIEAMEN G & T (») R0k R 3, =2 H T3
T(p) (p BHO UEBH RI AT, %EEGEJ%GZJF%%A 9 b e
., XA '

G =3Y1/7* (L§2.8),

- 141 .



18y 3 T{p)G, (I = (F;;L EI’ 1 /%

e =

dy€ell, MB yEpl, My BTHE L FHIRHp W (pt1)
A FHFPRAE . BE (oG () M EEVE (p+ D/r™
mE yel —pl’, Wy HBTHEEpH— 74, EHEHER
F 1% KHik
T () Gp(IT) = (1) +P7§p 1™
=~ G (D) +pG (pI") = A +p* )G (I,

XEAEM T GR(EER £ LR EBO N T (o) W AERE, T
HATEMAE 1+, TRAEMEER, G T(p) ML

BB, TiAFEERE o™ (4™ ~oma(p). §4.2FR
AR GBHME6) R, 5 Gy MG IR ELAIE B8 H0R

(*1)]‘%'? gﬂ'ﬂkq(ﬂ}f.
EEN T () MAEMERE oa(n). BF
é} Gap-1 (n) /mf = .:,%1 a¥ 1 /g5
= (X 1/d) ( Z1/a**%)
~{()L(s—2k-+1),
b) 4%,

i 14 ARPFCE T(n) WATERS, MNEMARIERE
v (), T AR HE A E o B2

(2m) 4= TT (1™ = X7 (m)g".

i XAERSN, R 12 11 ousp B H I4ESRCR 1,
HHAEEE TW)HHTARE,
& RINA

« 142 «




(62) vlom) =v(m)v(m) (MR (On, n)=1),
(83) (v (") =+ {g"*") +p e (p" )
(p E¥, n=1),

WE XMEBTAEZHES.

i WSRA 28 ) cusp MU S {E] MY A ZE¥ I 1, N E AL
BR. XM E A

k=6, 8, 9, 10, 11, 13,

LAY B2y 4, AGg, AG,, MG, s H  AG,

$.86. i3k
Bb.6.1. Petersson A 4r

W f, 9 24T 26 R>0) AP A ousp M. 4% By HEBA M BE
pw(f, ) =Ff@g@y*dedy/y" (@=Re(@), y=Im(z))
& G-, FHHARSR B/ EXERFAOME. +

&) < P wF 9= | F@OTDy*dedy,

RA1SP MY —4 Hermite MR, EREEEBEMLA,
BB |
(88) Em)f, g>=<f, T(n)g>.
XK T (n) BXT <F, ¢ W Hormite BT, MT T ()2
[ B Y B B, — AR A R A SR AE M i — 4]
EAc3, BEAUSET M) WAENR, 348 T K 4EHE
A SR

5.6.2.

B

Mu(Z) — {42 26 MR F— 33 el oy mamac].
A UES 4 Ma(2) # Z-35, {63 it M i O-38, [ B

. (BT .



R if, VT P iE A (2 H M F s GES F=o T d —¢m ),
B gt {EaFf|atls8=k/2, a, BC N},

75 o, {EgEgFﬁl ar33=—%=3 4 ,BEH},]

W RE 12 W] M (Z) )t T(n) (a1 fERIFASES (9, f gt i
BRI, Tl # My EENNWAES IR R #oagh,
Felu, T (n) AYZSIEMRE R ERER (B 8.6 . L T A 4
SEHRIT) .

5.6.3. Ramanujan-Petersson 1% &2

B f = Se(m)g®, (1) =1k B 2k & cusp 7, 3 B L

Ty RIS TER &, & D, T =1—c(p) T+ (p
AED B4 A3 hiE LB, RIS

(893 Dy, o (1) ~ 1 —a,T) 1~ a7,
H:
(90) Cotdy=o(B), ooty = g

Petersson #§8 M. o fl o, KB LI, XA E LR
los| = foi ] =712,
o (e(p) | <2p* Y2
A Je(n) | <o)  H—) n=1),
FTH =6, XH M Ramanujan FFE. |z (p) | <<2p™2,
G A FF A B PR BRSO R T S Weil 5548 H
3, L P. Deligne, Bourbaki -7 1968,/69, n°3b5, )

LY AR TEPECY T OO RRE R B 4y .8, i M. Bichler 1 A. Selberg,
" Jour. Indian Math. 8cc., 20, 1856.

BRSO, —FE

v Tdd »

EIEY ST Al 1, e ey




§6. Theta pg %I
6.1. Poiszson 43¢
WV Ea I EZER, HTAEME o VRV
HIA B =R, 4 F2RV B0 B OGCH M 80 (R L. Schwartz,
"Théorie des Distributions, 5% § 3), f &) Fourier AF#h
Fr RSk
(91) F @) =] e rrim @,

BE VT LA TR N e 4
BIAESE DV it (R §2.2), I ERV G
X5 1 A4, B
={yeV'|{», s»Ca&, HEPacl},
AHLGUE L7 W] PLER T 0 2 2348 (Rihslix s AR D .
SIS Fo=pnW/ID, B

(©2) PIIOEESS S RIO)

Mrtu Bzl BBV /=1 K1l ig—
ooy, o, 00 WHAIWLHEV SRT R, WL EETF 2,0
AR BE dey s -de,, BRBAIE V' =R, I7"=&% MAIGIHA]
24 2 #ai) Poisson A3, (Schwartz, [ L, #-L 2 A=K
(7:5)).

6.2 E'I_:.LEAEI’-']T"%
LIFER V RREZIEBANEHER oy (Bl 640 B z-2
>0, FIRRXABEREREIBE V' S TV, TRE LA

BLV qeiyks. 04y

« 145 »



yElMSwycd H—Wazel),
S g7 RIS A— 4 LE By EIHEE
(93) RO R

WHETY LEPRAALAWE o, #Hi3F &1, -, 8BV HY
IERESE, M o 2 LATBALY iR E&RER T, TEB IOM
AL EYX R oe=pF/I), HL§E6.1,

@ 16 WiTHHESN
(D4) Or(8) =" %10 (),

W B fee, RV B YEIR S ¥, F Ay Fourier
A HET . BELE, RV Z2—HIERE, A HxARE
¥V %ERT B WM EE o 38 BN de=doy e do,, TOEREF
p s

f,=€—~m=ni+»-+xm_
TEBRINBE HIEN ¢ i) Fourier 45 fi B ¢ ™, TU3X— X
i B S B

HAEr g Al 106 BT 8 ¥ F A V20, XA 0

%, MERXEE T, A LERNEEH AR,

6.3. EMEME
e, -, e, BT B —8H 2 ay=erre;, WAEFE A=
(@) AR IBILIE B AT FRI. W 2—Saw cV, I
e =2 Qyyl; " Ty,

A# O v LLE H

(95) @I‘ Cf,) — Ezg—frizauzw,.
VAN OL7 ¥ b5

(96) v=dot(d) 3,

-8

T L L A L w] - T b M A L P L



KA UM TEE. B e, -, 8 2V —HIERRE, M4
e=eif " NeEsy e=eAr-Aeg,
WIIH e=he, Ht [ =v, H—IFH, ere=det(Ad)s+e, I
B2 A E] o =det (4),
L B=(by) =A™, AMERAE (e 2 BB FaA5HH.
& = 2 byey,

(EJER I W--48 5, B= (g -, TP, XIEM T, MR
Y=p(V/L7, W v’ =1,

6.4, 1EERIENZ

BRI FEETFEFAEMMERGT, IDEBENME.

(i) I"=1r,

XEWE o, yCEL Woy€CE, FER -y EXNT I BB
Bz EmEW., AEMEES, XEWREEHM A= (e¢)
BREFAERTAANST 1. HIEGOR, F—HFHENT
p=1,

MR n=dimV, ZPMHFEHEE-RETT BT EHE
§1.1 BHRERES, Kz, MRERICS BEERNIE S
V=TGR, MW, IDHREG).

(i) A FEA €L HF 2-2=0 (mod 2),

XERE T EFINBHGEETESLI.ZAENT),
ECEVLERE A Bx BT esqe 17 AL

RIMERSAECSS N A XFE I &8,

8.5. Theta A¥
FEERPFMT—/ApYh, BRIMNBEF, DR E—/N
g S Gl U L) .,

w YT »



B om=0 N, Bler(m) ERBE
{aC i | @ew— 2m}
W Be A d . KB v (m) Ay o (b — A~ 0 TR BIF R (B 4,
— AU RFRMES T M 2 (m) =0 (m™ ), IXEWIEE

ifr(mﬁg’”=l+rp(1)q+m

felgl<l taif g, TRALANTEH F 2 LE ¥ 0.
©7) Gr @ — Drmg™  (g=™),

BAYE

(98} gf{z) — 'EP qfs-:} 8 __ Z;T'Sﬂ‘iﬂ(ﬂ-!}'

R B Or {2 M fE kA I () theta 3, w78 H B4l
EES (a) V WHEEH » 2 8 M5
(b) A& Or AL n/2 WK,
iE () BEEDGEAFI2I EH 28R 2),
HONEMEEHX
(98) Or(—1/2) = () ™V2r(2),
HA X T o= BEEATE, RFEX 2=i(>0) lEB 200,
®I1H
Br(it) = 33670 — O, (8).
iy, @r(—1/4t) =60, TERAEAN (94) % & 7
o=1 Fl L =TI" Bt 43R(99)
B2y 8ln, AP LB O EE R
(100) Or(—1/2) =20 (2),
XAAFEH 60 BAU n/2 WEETY,
(Bl 1A EHL A I Ca) Y 20— B 18 84w, 06 iR

« 148




W15 X3 FOIOIOT 8% T, i a=4(mod 8), &
] 70 25 (99) P LA AR
O (—1/2) = (= D™ 200 () — — 220 (5).

WALD o (=) =6r(Ddr s, RAVE DA o 4L S; 20> —1/z
2R —e, HTF o T2zt 1 2 TR, B 57 5 o
AECA —w, THaX A aEfy, 28 (810 %=1,1

F1 FIRAER n/2 8 eusp AL Fp, {#43
(101) B =Hp+fr, HWY b=n/4,

HE HTF frieoo) =1, NN 0r— By f: cusp 7Y, t RT3
&iid.

F2 R o)~ 2

L

wE EMAFRIL, A SO FER S M.

EOCRFI fr —RERHZE, (AE Siegel EEAT frRY
A RS, HEamamiR, O, |t () i i)
B TEHRR S, o, Fim IC O, BUE MR B M A OLEE
HEEE 3.3, WE

Gpp_1 () + O(m®), k=n/d,

1.
(102) 3 G fr=0,
B B,
~ 1o = L
{103 “r%':,,E: Or=M,FE., Hrh Mﬂuléﬂ g

ERXWEN T, Or GRS B E T (n) (7 21 55 8,
43 (102) A1 (103) GYREBH DL C. L. Siegel 4x4E n°20,

€.6. HF
i) n=8f{F¥E.
BLn/2=4 @G A4 ousp RUBIHZ, TR B M FE L

I149‘.



W 6 — B, BeAliRis,
(104)  ro(m) =2400s(m) G FAHAEY m>1).
A FHIEES 1.4.3 v FERH De GER AR Cs o
W — S ) |

i) 16 {HSE.

o1 G i A B

(103) Or = Es—1+480 S a7 (m) g™,

Disx]

KR T =T ME I =TI (B §1.4.3),
X AT BN, HEE RN zeta BEH, FIETIFER
BB IR ECE — .

BEMETHE MO WEH6RE I's WK 0 BT 7.
H SR B — 115 45K

oa = o
(1+240 > o3(m)gn) —1+480 37 oy (m) g™,
M= m=1

iii) m=24{FIE.
R HEIEAEEEL 248, BERNERBIT A

.

L 8BB20 & . .
Eﬁ—-l-l——ﬁg“l—-ng_l g1 {m)g™,

P=(am)Ra=q [ (1—gm*= 3= (m)gm,
F R, S5H T ML A R theia i 7 LIS
(108) Or=Ey+erF (er€EQ).
RINA

A7) rp(m) = 88520

601
Hom—=1 BB ERHE or:

« 150 -

oralm) o (m)  (mz=1),

L0}



65520
(108) ep=rr{1) - ~AHT
B F 83b20,/691 F L&, PO er %0,
[#] a) J. l.eech BR#H 4E &y #% (Canad. J. Math., 16,
1964) 2 7 (1) =0, TR

3520 -
Cr = "Eé—gT—: — 2 x B3 TX13/691,

bB) XF =13 s, IR re(1: =8% 240, FR

432000 o7 os. =3
Cr =g 2% 3¥ <57 /601

o) XTF L=, BITAH vr(1) =2x24%23, TR

_ 897344 4, oo ;
ep =T =259 % 8 227,691,

8.Y. ¥

HFRIMARF BB G=PB8L(2), HRIMITEBTH
558 6.4 G MRERAIFRRE. FpEia, RATRBABEERH
REIHTE, B "z

e SERRE

EATEKABRERME G, BESBEEMFEG,. BRI
theta B &34 F G B S F1 T ALy F RN n/2 MHTE
KNERB 2 A2 REE. GHXITHNT & B
8, EWMEAXEGF “ousp”, WX ‘ousp” FW
Fha T A “Eisenstein 3”7, f# FiiX &k Eisenstein % 3%, #4/
BAR—TEEEN n PP ZAOMENTHLAR, HRX
Bk B F AT S BRI,



X i

—am xR

. B Gauss— Digruisitiones arithmelicae, 1801, Werke, Bd. I. (T, Tale
[Tniv. P03 B24F 4 Banchard.)

£, Jaoah-- Tundamronta novaz dheorine fupctionun ellipbicaram, 18249, Ge-
s melte Werite, Bd. 1L, pp. 49 ~239.

G, Lejzune Dirvichlet  Démonstralizn d'un théorime sur la progrogssion a»iih-
roddire. 1884, Werke, I3d. T. p. 307,

(1. Fiscrstoin —Wathcmatise :e Abhandlungen, Berlin, 1847 (1967 4 . 3,
(soarg Olis Verlag., Hildescheim) .

B. Fiemann- -HGesammelte mather atiselle Werka, Teubner, 1892 (#:)Y 2.
Diover; Al imieads, Gaatber-Villara, 1B98).

D, Hilkezrt—Tie Theorie der algebraizcher Zahlkorper, Gesamn:, Abh., Ed. 1.
op. 63~ 563 (EkiEE,. Aprn. Fuo. S, Touwiouss, 2909 #1810,

H. Mrinkowyki—Gesammelte Abhandlungen, Tenbner, 1911,

A. Hurwite—Mathematische Werke, Rirkhinsor, Verlag, 1922,

15, Hecke—DMlathoraatisohe Werle, Gotlingen, 1959,

(. L. Biegel—Gesarmrelte Abhendlungen, Springer-Verlag, 1966,

BOR IR E I

I, Heeke—Algebraisehe Zahlen, Leipsig, T823.

4, b, Burevich .0 L, B, Shefarevich—Nunber Theory (3% 435 %), Acndemie
Proca, 1906, (FEFATESAED .

M. liekler—Einfihrang in die Theorieder algobraischen Zoohlon nnd Wank-
ttonen, Eirkhouser Vertag, 1863 (% . Acadom:e Press, 1966),

J-P. Berre—Corpe Locanx, Hermann, 1962,

P. Bamuel—Throrie algébriqno des nomrbres, Hermann, 1967,

E. Artin 1 J. Tate—COlesse Fie!ld Thoory, Benjarnin, 1063,

J. Cascels A1 AL Frohlieh (i) —Atyebraie N oember Theory, Academi: Fress,

+ THZEFE

[ N | T Sl PRI Ip e el i T L I-yeer)

b A S



TGAT.
A, Werl --Fagic Wunber Thoory, Spripgor-toeTar, TAG7.
8. Long -Algekraic Number Theory, Addison-Wesloy. 18704

v

U MA B2 2 RN E. )

R EY
a; —AnFR i, Wikt

E. Wite—T coric der quadratischen Formen in bslicbigen Korpera, J.
Cralle, 'T6, 1937, pp. #1l~44,

N. Boorhaki—Alwébre, chap, LX, Hevrmann, 354,

K. Artin —Ceometrie Algebra, Interscienco Pukl,, |1957 (7 g4, Gautbier-
Vilars, 1062).
by B KA

B, Jomes—The arithmelic theory of guadratie forms, Carus MMon., 10,
John Wiley and Sops, 1930,

M. Mighler—Cuadratizscle Pormen und orthogonale Gruppen, Springer-

Woerlar, 1952, .
G. L. Wataon— Integral guadratie forms, Cambridee Tructs, n®51,Cambri-
doe, 960,

O, T ¥ Meara—TIotrodeetion to gquadratic forms, Springer-Verlug, 1863.
e} FIH A Y £1erst —nd

BE. Witl--—Hine Tdentitat zwischen dodulformen zweiiten (rades, Abb. math,
Bern. Univ. Hamburg, 14, 1841, pp. 323337,

M. Kuescr-—Kilassengahlen definiter aadratischer Formen, Arch. der Math,
B, 137, pp. 241~-850.

J. Milpor—On simply connected mranifolds, Symp. Mexico, J953, pp. 128~
123,

J. Milnor—-A proecdure for kilhwog howotopy  groups of dilersntiable
munifilds, Symp. Amer. Matn, Hoc., 08, 1861, pp. 289~55,

Dirichlet 5908, zets gh¥sn L-5%

J. Hadamurd —Sur ta distribulion dos zécos de Ja foncrion {5} &t ses consb~
quenteeg arithmdtiques, 1800, Ooueres, UNRS, 1. 1, pp. 18%~a10.

B. Lardan—Handbuck der Letoe won der Vertcilung der Drimeznblen,
Teuhper, 1809,

+ 153~



4. 8elborg—4An slementary proof of the prime number theorem for
arithmetic progressions, Canad. J. Math., 2 1950, pp. 66~T8.

K. Prachar— Frimzahivecteilung, Springec—Verlag, 1857,

H. Davenport—Dhlulliplicative vumber theory, Markham, Chicago, 1968.

K. Chandrasekharcin - |atroduction Lo analytic nmunker theory, Buringer-
Verlag, 18638,

A. Blanehsrd—Initintion & la théorie analytigue des rombrea premiers,
Duancd, 1569,

BB
F'. Klein—Vorlesungen iiber die Theorie der elliptischen Medulfunktionen,

Tepeig, 1890,

8. Hamanujan--On certain arithmetical funetions, Trans. Cambridge Phil.
Soe., 22, 1916, pp. 159~184.

. Hardy—Ramanujan, Cambridge Univ. Press, 1040,

R. Godement—Travaux de Hecke, Sém. Bourbaki, 1952~53, exposda T4, 80,

R. 0. Guaning—TLectures on modular forms (mctes by AL Brumer), Ann. of
Maih. Stadies, Princeton, 1962.

A. Borel et al.—Seminar on complex multiplieation, Lecture Notes in Mathg.,
n°21, Springer-Verlag, 1966,

A. Weil—Bur la formmle do Siegel dars 1z théorie des Eroups classiyues,
Acta Math., 1138, 1465, pp. 1~87.

A. Ogg—Modular forms and Dirichlet series, Benjamin, 1969,

. Shimuza—Introdection to the arithmesic theory of automorphic fancuona,
Tokyo-Princeton, 1971.
GEE WL _Elif 5160 Hecke $1 Siegel 351{E, )

= 184 .




# 5 % 8

Z. N, Q B O ¥ EFRERN, L&
B HHEH RHTEHRES.

A% IR 4 RE TR

¥, qmi#, I.1.1.

(%) Legendre A7 5, 1. 3.8 11, 3.3,

efn), wir). 1, 3.2; k1. 3.3.

Z,. p adic BzHE, 1.1.1.

vy padic BR(E, IT.1.2.

U=Z1. p-adic KL{irBf, II.1.2.

Q.. p-adic #&, 11 1.3.

(a, B}, (G, &),, Hilbert 575, IIL
1.1; 111, 2,1,

V=P|f{oa}, E1I. 2.1; V. 3.1,

&, @, FeHA, IV.1.2; V. 1.2

S~g. 1V.1.6,

Stg, f=g. IV.1.6.

aip): R rwEiRR, IV.2.1;IV.
3.1, ‘

elf), e (). M WEHFALER, LV,
2.1; IV, 3.1,

8, 8, V.1.1.

A(B), v(B)y, o{&}, =(B). StHLFHE
A8, V.1.3.

Loy I, U,y 1%y L3 8 LPJI:]ﬁr V.
1.4,

H (&), 8 a9 Grothendieck B, V.
1.5.

G. 7718 Abel B G HIATEE, V1.1.1.

@{m) = (E/mZy* VI. 1.3

P, E4me, VI3, 1.

£{s), Riemann zeta g, VI. 3.3

L(s, x); T x 69 LR &k, VI.3.3,

G=BIa(Zy {1} ny, VIL. 1.1,

H, F¥5m, VII.1.L

D, R EFEARRE, VIL 1.2

p=am 3 Yl 1.2,

g=g¥=t= VII, 2,1.

R CRNRSS, VIL 2.2.

Ge(kz22), g1, gay d=g8—27g% VIL
2. 3.

By BPernoulli #, VIL 4.1

. V1L 4.2

oplr), n X ERFHEF KR
1, VII. 4.2,

r. Eamanu’an pf#, ¥IL 4.5.

Tin). Eecke -, VI11.5.1; VII.
5.8,

rr{m); m A I FoRiyFREd, VIL
6.5.

O K I By theta &3y, VIL. 6.6.

« 158 .



= X

Abel A[FE. VI. 2.1

anEs, WL 2L

BPBerpogl i 8 VIL 4.1,

Ahet FEShpyas. VIL1.1.
Clmrhden ., 1.1,

Chevallay «ZFE: L. 2.2,

BEE & 1V, 1.4,

cusp Al WL 2.1,

P T HE e, LWL 1.8,

FLCR A VL 4.1,

G @em g VIO 4.5,

Diriculel g, TV.2. 8.
Dirichlet =88, L1l 2.2 VL. 4.1.
pcMnH B, IV. 1.l

Abel BEpyaE, VI 1.1
Eisenatein #4%. VIL1.2.3,

Wl gies, VL 2.2,
EEFMEAE R, VII.1.Z
Hagse-Mimbowsk: g3, 1V. 3.2
ilecke BH F. VIL B.1; V1L 5.2,
Hilbert 22, I 1.1.
THoNS AT R IV, 2.7 V. L3,
AR ) S s -] V. 1.3,
¥, VIL 2.2.

Legondre 7T, 1.3.2.

2158

% 9l

7 Fm. VI. 3.8

Meyer FH. IV. 2.2,
Mnkowski-ZRiegel 4470, V. 2.3
{dfen: VIL1.2.

FEER RO, VII 2.1
Hips. WILL 1.1

i VIL3. 1

TEEE TR AV. 1.8, V.o 1.2,
poaile fEF LL 1.1

v oaduc R JI. 1.5,

p—adic #fy. TL. 1.4
Toigaon 4-3%. VI 6.1,
A R 1I. 2.1,

Aepla sl L. 2 L

S it ) R AP
Tk EFRiE L.3.5
Famanujan 58, VII 5.6.3.
Ramanuj:n F . VIL 4.6
Tk e, IV. 1.6
TR SE IV, 2.4
146, thota @, VIL. 6.5.
TR EERTRZE V. 1.8,
el ErAgR: WIE 2.1,
VWhtt . IV. 1.5,

Feta FHEL. VIO 3.3

258934

N o T L



